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Let  be a +nite positive Borel measure on the unit circle  with Szego˝’s condition
 =
∫

log ′()|d|¿−∞:
The (interior) Szego˝ function is given by the formula
S(z) = exp
(
1
4
∫

+ z
− z log 
′()|d|
)
; |z|¡ 1:
Let n(z)=nzn+ · · · ; n ¿ 0 be the nth orthonormal polynomial with respect to . It is well known
(see [1, Chapter 2]) that
S−1(z) =
1

∞∑
k = 0
(0)n(z);
inside the unit circle. Moreover, if
lim sup
n→∞
|n(0)|1=n = ‘(61)
then S−1(z) can be extended to an analytic function in the disk D0 = [|z|¡R0]; R0 = 1=‘; where it
coincides with the sum of the series above (see [4,3]). This formula reminds us of Cauchy’s formula
for the radius of convergence of a power series.
Let Dm = [|z|¡Rm] be the largest disk centered at z = 0 inside of which S−1 can be extended
to a meromorphic function with no more than m poles (counting multiplicities). For each +xed
m= 0; 1; : : : ; set
n;m =
∣∣∣∣∣∣∣∣∣∣∣∣
n(0) n+1(0) · · · n+m−1(0)
n+1(0) n+2(0) · · · n+m(0)
...
...
. . .
...
n+m−1(0) n+m(0) · · · n+2m−2(0)
∣∣∣∣∣∣∣∣∣∣∣∣
:
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De+ne
‘0 = 1; ‘m = lim sup
n→∞
|n;m|1=n; m= 0; 1; : : : :
Prove or disprove that for each +xed m= 0; 1; : : :
Rm =
‘m
‘m+1
:
For the case of a power series the corresponding formula in terms of the Taylor coeDcients is true
and it is known as Hadamard’s Theorem (see [2]).
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